In this paragraph we consider a family of functions $ f(z)=a_{1}z+a_{2}z^{2}+\ldots.+a_{n}z^{n}+\ldots$ .
with the $fo\Pi owIng$ properties: (1) $ a_{1}z+a\ovalbox{\tt\small REJECT}^{2}+\ldots.+a_{n}z^{n}+\ldots$ . is convergent for $|z|<1$ , (2) $|a_{1}|\geqq a>0$ , (a is fixed, positive) , ( if it has a root $\rho_{0}$ there. In the latter case $\rho_{0}$ can not be replaced by any greater number, for (4) $f_{0}(z)=-az+\lambda\sum_{n=2}^{\infty}\frac{\rho_{0}^{n-1}}{\gamma_{n}}nz^{n}$ , where $\lambda=\frac{1-\gamma_{1}a^{2}}{a}$ , (1) 
3)
is an increasing function of $\rho$ in the interval $(0,1)$ its value at the origin being zero, either the equation $\frac{a^{2}}{1-\gamma_{1}a^{g}}=\psi(\rho)$ has no root in the interval $(0,1)$ , or it has only one there. In the former case $f^{\prime}(z)$ never vanishes for [ $z|<1$ and in the latter for $|z|<\rho_{0}$ , as
Next we suppose that there exists a function $f(z)$ of the family whose derivative has a zero on the circle $|z|=p_{0}$ , which may be assumed without loss of generality to be $z=\rho_{0}$ . Put $z=\rho_{0}$ in (6).
Then, from
, it is easily seen that the signs of inequality must all be removed from the relations (6). Therefore in order that
, it is necessary that $f(z)$ should be of the form (5). Conversely $f(z)=e^{i\theta}f_{0}(e^{-i\varphi}z)$ belongs to the family, for it is convergent for $|z|<\frac{1}{\rho_{0}}$ , by $\varlimsup_{n-\infty}2n-2\sqrt{}\frac{\overline n^{2}}{\gamma_{n}}\leqq 1$ and it is clear that $\sum_{n-1}^{\infty}\gamma_{n}|a_{n}|^{2}\leqq 1$ and $p(\rho_{0}e^{i})=0$ . . Recently J. Dieudonn\'e has proved the following Theorem 6. Let $ w=f(z)=z+\ldots$ . be convergent for [ $z[<1$ and $|f(z)|<M$ for $|z|<1$ . Then 
